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Abstract
We propose Predict then Interpolate (PI), a sim-
ple algorithm for learning correlations that are
stable across environments. The algorithm fol-
lows from the intuition that when using a clas-
sifier trained on one environment to make pre-
dictions on examples from another environment,
its mistakes are informative as to which correla-
tions are unstable. In this work, we prove that
by interpolating the distributions of the correct
predictions and the wrong predictions, we can un-
cover an oracle distribution where the unstable
correlation vanishes. Since the oracle interpola-
tion coefficients are not accessible, we use group
distributionally robust optimization to minimize
the worst-case risk across all such interpolations.
We evaluate our method on both text classifica-
tion and image classification. Empirical results
demonstrate that our algorithm is able to learn
robust classifiers (outperforms IRM by 23.85%
on synthetic environments and 12.41% on natu-
ral environments). Our code and data are avail-
able at https://github.com/YujiaBao/
Predict-then-Interpolate.

1. Introduction
Distributionally robust optimization (DRO) alleviates model
biases by minimizing the worst-case risk over a set of
human-defined groups. However, in order to construct these
groups, humans must identify and annotate these biases,
a process as expensive as annotating the label itself (Ben-
Tal et al., 2013; Duchi & Namkoong, 2018 ; Sagawa et al.,
2019). In this paper we propose a simple algorithm to create
groups that are informative of these biases, and use these
groups to train stable classifiers.

Our algorithm operates on data split among multiple environ-
ments, across which correlations between bias features and
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the label may vary. Instead of handcrafting environments
based on explicit, task-dependent biases, these environments
can be determined by generic information that is easy to
collect (Peters et al., 2015). For example, environments can
represent data collection circumstances, like location and
time. Our goal is to learn correlations that are stable across
these environments.

Given these environments, one could directly use them as
groups for DRO. Doing so would optimize the worst-case
risk over all interpolations of the training environments.
However, if the unstable (bias) features are positively and
differentially correlated with the label in all training envi-
ronments, the unstable correlation will be positive in any
of their interpolations. DRO, optimizing for the best worst-
case performance, will inevitably exploit these unstable
features, and we fail to learn a stable classifier.

In this work, we propose Predict then Interpolate (PI), a
simple recipe for creating groups whose interpolation yields
a distribution with only stable correlations. Our idea follows
from the intuition that when using a classifier trained on
one environment to make predictions on examples from a
different environment, its mistakes are informative of the
unstable correlations. In fact, we can prove that if the unsta-
ble features and the label are positively correlated across all
environments, the same correlation flips to negative in the
set of mistakes. Therefore, by interpolating the distributions
of correct and incorrect predictions, we can uncover an “ora-
cle” distribution in which only stable features are correlated
with the label. Although the oracle interpolation coefficients
are not accessible, we can minimize the worst-case risk over
all interpolations, providing an upper bound of the risk on
the oracle distribution.

Our learning paradigm consists of three steps. First, we train
an individual classifier for each environment to estimate the
conditional distribution of the label given the input. These
classifiers are biased, as they may rely on any correlations in
the dataset. Next, we apply each environment’s classifier to
partition all other environments, based on prediction correct-
ness. Finally, we obtain our robust classifier by minimizing
the worst-case risk over all interpolations of the partitions.

Empirically, we evaluate our approach on both synthetic and
real-world environments. First, we simulate unstable cor-
relations in synthetic environments by appending spurious
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features. Our results in both digit classification and aspect-
level sentiment classification demonstrate that our method
delivers significant performance gain (23.85% absolute ac-
curacy) over invariant risk minimization (IRM), approach-
ing oracle performance. Quantitative analyses confirm that
our method generates partitions with opposite unstable cor-
relations. Next, we applied our approach on natural envi-
ronments defined by an existing attribute of the input. Our
experiments on CelebA and ASK2ME showed that directly
applying DRO on environments improves robust accuracy
for known attributes, but this robustness doesn’t generalize
equally across other attributes that are unknown during train
time. On the other hand, by creating partitions with opposite
unstable correlations, our method is able to improve average
worst-group accuracy by 12.41% compared to IRM.

2. Related work
Removing known biases: Large scale datasets are
fraught with biases. For instance, in face recognition (Liu
et al., 2015a), spurious associations may exist between dif-
ferent face attributes (e.g. hair color) and demographic
information (e.g. ethnicity) (Buolamwini & Gebru, 2018).
Furthermore, in natural language inference (Bowman et al.,
2015), the entailment label can often be predicted from
lexical overlap of the two inputs (McCoy et al., 2019). Fi-
nally, in molecular property prediction (Wu et al., 2018;
Mayr et al., 2018), performance varies significantly across
different scaffolds (Yang et al., 2019).

Many approaches have been proposed to mitigate biases
when they are known beforehand. Examples include adver-
sarial training to remove biases from representations (Be-
linkov et al., 2019; Stacey et al., 2020), re-weighting training
examples (Schuster et al., 2019), and combining a biased
model and the base model’s predictions using a product of
experts (Hinton, 2002; Clark et al., 2019; He et al., 2019;
Mahabadi et al., 2020). These models are typically designed
for a specific type of bias and thus require extra domain
knowledge to generalize to new tasks.

Group DRO is another attractive framework since it allows
explicit modeling of the distribution family that we want to
optimize over. Previous work (Hu et al., 2018; Oren et al.,
2019; Sagawa* et al., 2020) has shown the effectiveness of
group DRO to train un-biased models. In these models, the
groups are specified by human based on the knowledge of
the bias attributes. Our work differs from them as we create
groups using trained models. This allows us to apply group
DRO when we don’t have annotations for the bias attributes.
Moreover, when the bias attributes are available, we can
further refine our groups to reduce unknown biases.

Removing unknown biases: Determining dataset biases
is time-consuming and often requires task-specific expert

knowledge (Zellers et al., 2019; Sakaguchi et al., 2020).
Thus, there are two lines of work that aim to build robust
models without explicitly knowing the type of bias. The
first assumes that weak models, which have limited capac-
ity (Sanh et al., 2021) or are under-trained (Utama et al.,
2020), are more prone to rely on shallow heuristics and
rediscover previously human-identified dataset biases. By
learning from the weak models’ mistakes, we can obtain
a more robust model. While these methods show empiri-
cal benefits on some NLP tasks, the extent to which their
assumption holds is unclear. In fact, recent work (Sagawa
et al., 2020) shows that over-parametrization may actually
exacerbate unstable correlations for image classification.

The second line of work assumes that the training data are
collected from separate environments, across which unstable
features exhibit different correlations with the label (Peters
et al., 2016; Krueger et al., 2020; Chang et al., 2020; Jin
et al., 2020; Ahuja et al., 2020; Arjovsky et al., 2019). In-
variant risk minimization (Arjovsky et al., 2019), a represen-
tative method along this line, learns representations that are
simultaneously optimal across all environments. However,
since this representation is trained across all environments,
it can easily degenerate in real-world applications (Gulra-
jani & Lopez-Paz, 2020). One can consider an extreme
case where the learned representation directly encodes the
one-hot embedding of the label. While this learned repre-
sentation is stable (invariant) according to the definition,
the model can utilize any unstable features to generate this
representation. We have no guarantee on how the model
would generalize when the unstable correlations vanish.

Our algorithm instead decomposes the problem of learning
stable classifiers into two parts: finding unstable features
and training a robust model. By constraining the classifiers
to be environment-specific in the first part, we are able to
construct an oracle distribution where the unstable features
are not correlated with the label. Our model then directly
optimizes an upper bound of the risk on this oracle distribu-
tion. Empirically, we demonstrate that our method is able
to eliminate biases not given during training on multiple
real-world applications.

3. Method
We consider the standard setting (Arjovsky et al., 2019)
where the training data are comprised of n environments
E = {E1, . . . , En}. For each environment Ei, we have
input-label pairs (x, y) iid∼ Pi. Our goal is to learn correla-
tions that are stable across these environments (Woodward,
2005) so that the model can generalize to a new test envi-
ronment Etest that has the same stable correlations.
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3.1. Algorithm

Our intuition follows from a simple question.

What happens if we apply a classifier fi trained on environ-
ment Ei to a different environment Ej?

Suppose we have enough data in Ei and the classifier fi
is able to perfectly fit the underlying conditional Pi(y|x).
Since Ei and Ej follow different distributions, the classifier
fi will make mistakes on Ej . These mistakes are natural
products of the unstable correlation: if the correlation of the
unstable feature is higher in Ei than in Ej , the classifier fi
will overuse this feature when making predictions in Ej .

In fact, we can show that under certain conditions, the un-
stable correlation within the subset of wrong predictions
is opposite of that within the subset of correct predictions
(Section 3.3). By interpolating between these two subsets,
we can uncover an oracle distribution where the label is not
correlated with the unstable feature. Since this interpola-
tion coefficient is not accessible in practice, we adopt group
DRO to minimize the worst-case risk over all interpolations
of these subsets. This provides us an upper bound of the
risk on the oracle distribution.

Concretely, our approach has three successive stages.

Stage 1: For each environment Ei, train an environment
specific classifier fi.

Stage 2: For each pair of environments Ei and Ej , use the
trained classifier fi to partition Ej into two sets

Ej = EiX
j ∪ Ei×

j

where EiX
j contains examples that fi predicted cor-

rectly and Ei×
j contains those predicted incorrectly.

Stage 3: Train the final model f by minimizing the worst-
case risk over the set of all interpolations Q:

Q =

∑
i 6=j

λiXj P iX
j + λi×j P i×

j :
∑
i 6=j

λiXj + λi×j = 1

 ,

where P iX
j and P i×

j are the empirical distributions
of EiX

j and Ei×
j . Because the optimum value of a

linear program must occur at a vertex, the worst-case
risk over Q is equivalent to the maximum expected
risk across all groups. This allows us to formulate the
objective as a min-max problem:

min
f

max
P∈P

E(x,y)∼P [L(x, y; f)],

where L(x, y; f) is the loss of the model f and P is
the set of distributions {P iX

j }i6=j ∪ {P i×
j }i6=j .

Extensions of the algorithm: For regression tasks, we
can set a threshold on the mean square error to partition en-
vironments. We can also apply the first two stages multiple
times, treating new partitions as different environments, to
iteratively refine the groups. In this work, we focus on the
basic setting and leave the rest for future work.

3.2. A toy example

To understand the behavior of the algorithm, let’s consider
a simple example with two environments E1 and E2 (Fig-
ure 1). For each environment, the data are generated by the
following process.1

• First, sample the feature x1 ∈ {0, 1} which takes the
value 1 with probability 0.5. This is our stable feature.

• Next, sample the observed noisy label y ∈ {0, 1} by
flipping the value of x1 with probability 0.2.

• Finally, for each environment Ei, sample the unstable
feature x2 ∈ {0, 1} by flipping the value of y with
probability ηi. Let η1 = 0 and η2 = 0.1.

Our goal is to learn a classifier that only uses feature x1
to predict y. Since the unstable feature x2 is positively
correlated with the label across both environments, directly
treating the environments as groups and applying group
DRO will also exploit this correlation during training.

Let’s take a step back and consider a classifier f1 that is
trained only on E1. Since x2 is identical to y and x1 differs
from y with probability 0.2, f1 simply learns to ignore x1
and predict y as x2 (Figure 1a). When we apply f1 to the
other environment E2, it will make mistakes on examples
where x2 is flipped from y. Moreover, we can check that
the correlation coefficient between the unstable feature x2
and y is 1 in the set of correct predictions E1X

2 and it flips
to −1 in the set of mistakes E1×

2 (Figure 1b). In this toy
example, the oracle distribution P ∗, where the correlation
between x2 and y is 0, can be obtained by simply averaging
the empirical distribution of the two subsets (Figure 1c):

P ∗(x1, x2, y) = 0.5P 1X
2 (x1, x2, y) + 0.5P 1×

2 (x1, x2, y).

We can also verify that the optimal solution that minimize
the worst-case risk across E1X

2 and E1×
2 is to predict y only

using x1. (Appendix A).

Remark 1: In the algorithm, we also use the classi-
fier f2 trained on E2 to partition E1. The final model
f is obtained by minimizing the worst-case risk over
P 2X
1 , P 2×

1 , P 1X
2 , P 1×

2 .

1Arjovsky et al. (2019) used this process to construct the
Colored-MNIST dataset.
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<latexit sha1_base64="8w2/3KzAZwmQvkWhit4Vme7Uo/I=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUQ9CwYvHivYD2lA220m7dLMJuxuhhP4ELx4U8eov8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/aOo4VQwbLBaxagdUo+ASG4Ybge1EIY0Cga1gdDv1W0+oNI/loxkn6Ed0IHnIGTVWehjfuL1yxa26M5Bl4uWkAjnqvfJXtx+zNEJpmKBadzw3MX5GleFM4KTUTTUmlI3oADuWShqh9rPZqRNyYpU+CWNlSxoyU39PZDTSehwFtjOiZqgXvan4n9dJTXjlZ1wmqUHJ5ovCVBATk+nfpM8VMiPGllCmuL2VsCFVlBmbTsmG4C2+vEyaZ1Xvouren1dq13kcRTiCYzgFDy6hBndQhwYwGMAzvMKbI5wX5935mLcWnHzmEP7A+fwB1paNeQ==</latexit>

y = 0
<latexit sha1_base64="tkGyC9RI9nx9rUpHjnypepbiFWI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUQ9CwYvHivYD2lA22027dLMJuxOhhP4ELx4U8eov8ua/cdvmoK0PBh7vzTAzL0ikMOi6305hZXVtfaO4Wdra3tndK+8fNE2casYbLJaxbgfUcCkUb6BAyduJ5jQKJG8Fo9up33ri2ohYPeI44X5EB0qEglG00sP4xuuVK27VnYEsEy8nFchR75W/uv2YpRFXyCQ1puO5CfoZ1SiY5JNSNzU8oWxEB7xjqaIRN342O3VCTqzSJ2GsbSkkM/X3REYjY8ZRYDsjikOz6E3F/7xOiuGVnwmVpMgVmy8KU0kwJtO/SV9ozlCOLaFMC3srYUOqKUObTsmG4C2+vEyaZ1Xvouren1dq13kcRTiCYzgFDy6hBndQhwYwGMAzvMKbI50X5935mLcWnHzmEP7A+fwB2BqNeg==</latexit>

y = 1

<latexit sha1_base64="1r9Z7zEks5q4hNqO7IU0kRLJBXo=">AAAB83icbVBNS8NAEJ3Ur1q/qh69LBahXkJSKnoRCl48VrAf0Iaw2W7apZtN2N1IS+jf8OJBEa/+GW/+G7dtDtr6YODx3gwz84KEM6Ud59sqbGxube8Ud0t7+weHR+Xjk7aKU0loi8Q8lt0AK8qZoC3NNKfdRFIcBZx2gvHd3O88UalYLB71NKFehIeChYxgbaR+6LvVySW6RRO/5pcrju0sgNaJm5MK5Gj65a/+ICZpRIUmHCvVc51EexmWmhFOZ6V+qmiCyRgPac9QgSOqvGxx8wxdGGWAwliaEhot1N8TGY6UmkaB6YywHqlVby7+5/VSHd54GRNJqqkgy0VhypGO0TwANGCSEs2nhmAimbkVkRGWmGgTU8mE4K6+vE7aNdu9sp2HeqVh53EU4QzOoQouXEMD7qEJLSCQwDO8wpuVWi/Wu/WxbC1Y+cwp/IH1+QPJYZAn</latexit>

f1(x) = x2Stage 1: Train a classifier      on    
<latexit sha1_base64="sNm8b7hHdtf55mgMnJVa/qa0G8g=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hE0WPBi8eK9gPaUDbbTbt0swm7E6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z+oHh61TJJpxpsskYnuhNRwKRRvokDJO6nmNA4lb4fj25nffuLaiEQ94iTlQUyHSkSCUbTSQ9T3+9Wa53pzkFXiF6QGBRr96ldvkLAs5gqZpMZ0fS/FIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wuglyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BD85ZdXSevC9a9c7/6yVneLOMpwAqdwDj5cQx3uoAFNYDCEZ3iFN0c6L86787FoLTnFzDH8gfP5A+uDjX4=</latexit>

f1

<latexit sha1_base64="lT+6SLLuG/6k/hnKvgWd6pKjGyc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hE0WNBBI8VrS20oWy2k3bpZhN2N0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O6WV1bX1jfJmZWt7Z3evun/wqJNMMWyyRCSqHVKNgktsGm4EtlOFNA4FtsLR9dRvPaHSPJEPZpxiENOB5BFn1Fjp/qbn96o1z/VmIMvEL0gNCjR61a9uP2FZjNIwQbXu+F5qgpwqw5nASaWbaUwpG9EBdiyVNEYd5LNTJ+TEKn0SJcqWNGSm/p7Iaaz1OA5tZ0zNUC96U/E/r5OZ6CrIuUwzg5LNF0WZICYh079JnytkRowtoUxxeythQ6ooMzadig3BX3x5mTyeuf6F692d1+puEUcZjuAYTsGHS6jDLTSgCQwG8Ayv8OYI58V5dz7mrSWnmDmEP3A+fwC5PY1d</latexit>

E1 Stage 2: Test the classifier on    
<latexit sha1_base64="FbvFdhxlDiBSer8CAZVN4jDQy48=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0iKoseCCB4r2g9oQ9lsJ+3SzSbsboRS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MBVcG8/7dgpr6xubW8Xt0s7u3v5B+fCoqZNMMWywRCSqHVKNgktsGG4EtlOFNA4FtsLRzcxvPaHSPJGPZpxiENOB5BFn1Fjp4bZX7ZUrnuvNQVaJn5MK5Kj3yl/dfsKyGKVhgmrd8b3UBBOqDGcCp6VupjGlbEQH2LFU0hh1MJmfOiVnVumTKFG2pCFz9ffEhMZaj+PQdsbUDPWyNxP/8zqZia6DCZdpZlCyxaIoE8QkZPY36XOFzIixJZQpbm8lbEgVZcamU7Ih+Msvr5Jm1fUvXe/+olJz8ziKcAKncA4+XEEN7qAODWAwgGd4hTdHOC/Ou/OxaC04+cwx/IHz+QO6wY1e</latexit>
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<latexit sha1_base64="ri8ChMBlld3MvkIBVK5EoiVKzCI=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0UQFyUpiroQCiK4rGAf0MQwmU7aITNJmJkIJeQf3Pgrblwo4taNO//GaRtBWw/McDjnXu69x08YlcqyvozSwuLS8kp5tbK2vrG5ZW7vtGWcCkxaOGax6PpIEkYj0lJUMdJNBEHcZ6Tjh5djv3NPhKRxdKtGCXE5GkQ0oBgpLXnm0ZVXhxdQ/3eZ7eAhwSFHIsyhg9PkR1aUE5l7ZtWqWRPAeWIXpAoKND3z0+nHOOUkUpghKXu2lSg3Q0JRzEhecVJJEoRDNCA9TSOkp7jZ5KYcHmilD4NY6BcpOFF/d2SISznivq7kSA3lrDcW//N6qQrO3IxGSapIhKeDgpRBFcNxQLBPBcGKjTRBWFC9K8RDJBBWOsaKDsGePXmetOs1+6Rm3RxXG+dFHGWwB/bBIbDBKWiAa9AELYDBA3gCL+DVeDSejTfjfVpaMoqeXfAHxsc3lZ2cvg==</latexit>

E2 = E1X
2 [ E1⇥

2

<latexit sha1_base64="zCsL49R1D/WkXYj5Yj8NvVgJE1s=">AAAB+3icbVDLSsNAFJ3UV62vWJduBovgKiRF0WVBBJcV7APaGCbTSTtkZhJmJmIJ+RU3LhRx64+482+ctllo64ELh3Pu5d57wpRRpV3326qsrW9sblW3azu7e/sH9mG9q5JMYtLBCUtkP0SKMCpIR1PNSD+VBPGQkV4YX8/83iORiibiXk9T4nM0FjSiGGkjBXb9Jmg+5B4c4gnBMUcyLgK74TruHHCVeCVpgBLtwP4ajhKccSI0Zkipgeem2s+R1BQzUtSGmSIpwjEak4GhAnGi/Hx+ewFPjTKCUSJNCQ3n6u+JHHGlpjw0nRzpiVr2ZuJ/3iDT0ZWfU5Fmmgi8WBRlDOoEzoKAIyoJ1mxqCMKSmlshniCJsDZx1UwI3vLLq6TbdLwLx707b7ScMo4qOAYn4Ax44BK0wC1ogw7A4Ak8g1fwZhXWi/VufSxaK1Y5cwT+wPr8ASffk9E=</latexit>

E1X
2

<latexit sha1_base64="VUHj7KaK5ERNdJkquPuwpBQbZN4=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgadkNih4DIniMYB6QbMLsZDYZMvtgplcJS/7DiwdFvPov3vwbJ8keNLGgoajqprvLT6TQ6DjfVmFtfWNzq7hd2tnd2z8oHx41dZwqxhsslrFq+1RzKSLeQIGStxPFaehL3vLHNzO/9ciVFnH0gJOEeyEdRiIQjKKRerf9ai9zSRdFyPW0X644tjMHWSVuTiqQo94vf3UHMUtDHiGTVOuO6yToZVShYJJPS91U84SyMR3yjqERNVu8bH71lJwZZUCCWJmKkMzV3xMZDbWehL7pDCmO9LI3E//zOikG114moiRFHrHFoiCVBGMyi4AMhOIM5cQQypQwtxI2oooyNEGVTAju8surpFm13Uvbub+o1Ow8jiKcwCmcgwtXUIM7qEMDGCh4hld4s56sF+vd+li0Fqx85hj+wPr8AbXgkfE=</latexit>

E1⇥
2

(correct predictions)

(wrong predictions) 
<latexit sha1_base64="8w2/3KzAZwmQvkWhit4Vme7Uo/I=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUQ9CwYvHivYD2lA220m7dLMJuxuhhP4ELx4U8eov8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/aOo4VQwbLBaxagdUo+ASG4Ybge1EIY0Cga1gdDv1W0+oNI/loxkn6Ed0IHnIGTVWehjfuL1yxa26M5Bl4uWkAjnqvfJXtx+zNEJpmKBadzw3MX5GleFM4KTUTTUmlI3oADuWShqh9rPZqRNyYpU+CWNlSxoyU39PZDTSehwFtjOiZqgXvan4n9dJTXjlZ1wmqUHJ5ovCVBATk+nfpM8VMiPGllCmuL2VsCFVlBmbTsmG4C2+vEyaZ1Xvouren1dq13kcRTiCYzgFDy6hBndQhwYwGMAzvMKbI5wX5935mLcWnHzmEP7A+fwB1paNeQ==</latexit>

y = 0
<latexit sha1_base64="tkGyC9RI9nx9rUpHjnypepbiFWI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUQ9CwYvHivYD2lA22027dLMJuxOhhP4ELx4U8eov8ua/cdvmoK0PBh7vzTAzL0ikMOi6305hZXVtfaO4Wdra3tndK+8fNE2casYbLJaxbgfUcCkUb6BAyduJ5jQKJG8Fo9up33ri2ohYPeI44X5EB0qEglG00sP4xuuVK27VnYEsEy8nFchR75W/uv2YpRFXyCQ1puO5CfoZ1SiY5JNSNzU8oWxEB7xjqaIRN342O3VCTqzSJ2GsbSkkM/X3REYjY8ZRYDsjikOz6E3F/7xOiuGVnwmVpMgVmy8KU0kwJtO/SV9ozlCOLaFMC3srYUOqKUObTsmG4C2+vEyaZ1Xvouren1dq13kcRTiCYzgFDy6hBndQhwYwGMAzvMKbI50X5935mLcWnHzmEP7A+fwB2BqNeg==</latexit>

y = 1

Stage 3: Minimize the worst-case risk across all interpolations of        ,        ,       ,         .
<latexit sha1_base64="Y5Quo0P9dotfo4bVVMuCRbIN730=">AAAB9XicbVBNS8NAEJ34WetX1aOXxSJ4KklR9Fjw4rGC/YA2LZvtpl262YTdiVJC/4cXD4p49b9489+4bXPQ1gcDj/dmmJkXJFIYdN1vZ219Y3Nru7BT3N3bPzgsHR03TZxqxhsslrFuB9RwKRRvoEDJ24nmNAokbwXj25nfeuTaiFg94CThfkSHSoSCUbRSr96v9jKPdFFE3Ez7pbJbcecgq8TLSRly1Pulr+4gZmnEFTJJjel4boJ+RjUKJvm02E0NTygb0yHvWKqo3eJn86un5NwqAxLG2pZCMld/T2Q0MmYSBbYzojgyy95M/M/rpBje+JlQSYpcscWiMJUEYzKLgAyE5gzlxBLKtLC3EjaimjK0QRVtCN7yy6ukWa14VxX3/rJcq+RxFOAUzuACPLiGGtxBHRrAQMMzvMKb8+S8OO/Ox6J1zclnTuAPnM8fxxuR/A==</latexit>

P 1⇥
2

<latexit sha1_base64="QLhrf90UqmLHdDTofCdXfVmJ3PA=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16WSyCp5AURY8FLx4r2FZoY9hsJ+2SzSbsbsQS+le8eFDEq3/Em//GbZuDtj4YeLw3w8y8MONMadf9tipr6xubW9Xt2s7u3v6BfVjvqjSXFDo05am8D4kCzgR0NNMc7jMJJAk59ML4eub3HkEqloo7PcnAT8hIsIhRoo0U2PV20HwoPDygY6BxQmQ8DeyG67hz4FXilaSBSrQD+2swTGmegNCUE6X6nptpvyBSM8phWhvkCjJCYzKCvqGCJKD8Yn77FJ8aZYijVJoSGs/V3xMFSZSaJKHpTIgeq2VvJv7n9XMdXfkFE1muQdDFoijnWKd4FgQeMglU84khhEpmbsV0TCSh2sRVMyF4yy+vkm7T8S4c9/a80XLKOKroGJ2gM+ShS9RCN6iNOoiiJ/SMXtGbNbVerHfrY9FascqZI/QH1ucPOUaT3A==</latexit>

P 1X
2
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<latexit sha1_base64="IR7uLCS1jYaE/XnIihryGuyZjcA=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LFbBU0lE0YtQ8OKxgmkLbSib7bZdutmE3YlYQn+DFw+KePUHefPfuG1z0NYHA4/3ZpiZFyZSGHTdb6ewsrq2vlHcLG1t7+zulfcPGiZONeM+i2WsWyE1XArFfRQoeSvRnEah5M1wdDv1m49cGxGrBxwnPIjoQIm+YBSt5D91vRu3W664VXcGsky8nFQgR71b/ur0YpZGXCGT1Ji25yYYZFSjYJJPSp3U8ISyER3wtqWKRtwE2ezYCTm1So/0Y21LIZmpvycyGhkzjkLbGVEcmkVvKv7ntVPsXweZUEmKXLH5on4qCcZk+jnpCc0ZyrEllGlhbyVsSDVlaPMp2RC8xZeXSeO86l1W3fuLSu0kj6MIR3AMZ+DBFdTgDurgAwMBz/AKb45yXpx352PeWnDymUP4A+fzB/VPjgc=</latexit>

x1 = 0
<latexit sha1_base64="qjvEN4V85HsfJ3m13tujYwMlQ50=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LFbBU0lE0YtQ8OKxgmkLbSib7bRdutmE3Y1YQn+DFw+KePUHefPfuG1z0NYHA4/3ZpiZFyaCa+O6305hZXVtfaO4Wdra3tndK+8fNHScKoY+i0WsWiHVKLhE33AjsJUopFEosBmObqd+8xGV5rF8MOMEg4gOJO9zRo2V/Keud+N1yxW36s5AlomXkwrkqHfLX51ezNIIpWGCat323MQEGVWGM4GTUifVmFA2ogNsWypphDrIZsdOyKlVeqQfK1vSkJn6eyKjkdbjKLSdETVDvehNxf+8dmr610HGZZIalGy+qJ8KYmIy/Zz0uEJmxNgSyhS3txI2pIoyY/Mp2RC8xZeXSeO86l1W3fuLSu0kj6MIR3AMZ+DBFdTgDurgAwMOz/AKb450Xpx352PeWnDymUP4A+fzB/bTjgg=</latexit>

x1 = 1

<latexit sha1_base64="L8I5OOvqwhCf4jKRsU06b1cIVnk=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSp4KklR9CIUvHisYNpCG8pmO2mXbjZhdyOW0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhang2rjut7Oyura+sVnYKm7v7O7tlw4OGzrJFEOfJSJRrZBqFFyib7gR2EoV0jgU2AyHt1O/+YhK80Q+mFGKQUz7kkecUWMl/6lbvXG7pbJbcWcgy8TLSRly1Lulr04vYVmM0jBBtW57bmqCMVWGM4GTYifTmFI2pH1sWyppjDoYz46dkDOr9EiUKFvSkJn6e2JMY61HcWg7Y2oGetGbiv957cxE18GYyzQzKNl8UZQJYhIy/Zz0uEJmxMgSyhS3txI2oIoyY/Mp2hC8xZeXSaNa8S4r7v1FuXaax1GAYziBc/DgCmpwB3XwgQGHZ3iFN0c6L8678zFvXXHymSP4A+fzB/bVjgg=</latexit>

x
2

=
0

<latexit sha1_base64="j7vDFaNay0IEQjgkjHMmwyDHz5c=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSp4KklR9CIUvHisYNpCG8pmO2mXbjZhdyOW0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhang2rjut7Oyura+sVnYKm7v7O7tlw4OGzrJFEOfJSJRrZBqFFyib7gR2EoV0jgU2AyHt1O/+YhK80Q+mFGKQUz7kkecUWMl/6lbvfG6pbJbcWcgy8TLSRly1Lulr04vYVmM0jBBtW57bmqCMVWGM4GTYifTmFI2pH1sWyppjDoYz46dkDOr9EiUKFvSkJn6e2JMY61HcWg7Y2oGetGbiv957cxE18GYyzQzKNl8UZQJYhIy/Zz0uEJmxMgSyhS3txI2oIoyY/Mp2hC8xZeXSaNa8S4r7v1FuXaax1GAYziBc/DgCmpwB3XwgQGHZ3iFN0c6L8678zFvXXHymSP4A+fzB/hZjgk=</latexit>

x
2

=
1

<latexit sha1_base64="IR7uLCS1jYaE/XnIihryGuyZjcA=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LFbBU0lE0YtQ8OKxgmkLbSib7bZdutmE3YlYQn+DFw+KePUHefPfuG1z0NYHA4/3ZpiZFyZSGHTdb6ewsrq2vlHcLG1t7+zulfcPGiZONeM+i2WsWyE1XArFfRQoeSvRnEah5M1wdDv1m49cGxGrBxwnPIjoQIm+YBSt5D91vRu3W664VXcGsky8nFQgR71b/ur0YpZGXCGT1Ji25yYYZFSjYJJPSp3U8ISyER3wtqWKRtwE2ezYCTm1So/0Y21LIZmpvycyGhkzjkLbGVEcmkVvKv7ntVPsXweZUEmKXLH5on4qCcZk+jnpCc0ZyrEllGlhbyVsSDVlaPMp2RC8xZeXSeO86l1W3fuLSu0kj6MIR3AMZ+DBFdTgDurgAwMBz/AKb45yXpx352PeWnDymUP4A+fzB/VPjgc=</latexit>

x1 = 0
<latexit sha1_base64="qjvEN4V85HsfJ3m13tujYwMlQ50=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LFbBU0lE0YtQ8OKxgmkLbSib7bRdutmE3Y1YQn+DFw+KePUHefPfuG1z0NYHA4/3ZpiZFyaCa+O6305hZXVtfaO4Wdra3tndK+8fNHScKoY+i0WsWiHVKLhE33AjsJUopFEosBmObqd+8xGV5rF8MOMEg4gOJO9zRo2V/Keud+N1yxW36s5AlomXkwrkqHfLX51ezNIIpWGCat323MQEGVWGM4GTUifVmFA2ogNsWypphDrIZsdOyKlVeqQfK1vSkJn6eyKjkdbjKLSdETVDvehNxf+8dmr610HGZZIalGy+qJ8KYmIy/Zz0uEJmxNgSyhS3txI2pIoyY/Mp2RC8xZeXSeO86l1W3fuLSu0kj6MIR3AMZ+DBFdTgDurgAwMOz/AKb450Xpx352PeWnDymUP4A+fzB/bTjgg=</latexit>

x1 = 1
<latexit sha1_base64="IR7uLCS1jYaE/XnIihryGuyZjcA=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LFbBU0lE0YtQ8OKxgmkLbSib7bZdutmE3YlYQn+DFw+KePUHefPfuG1z0NYHA4/3ZpiZFyZSGHTdb6ewsrq2vlHcLG1t7+zulfcPGiZONeM+i2WsWyE1XArFfRQoeSvRnEah5M1wdDv1m49cGxGrBxwnPIjoQIm+YBSt5D91vRu3W664VXcGsky8nFQgR71b/ur0YpZGXCGT1Ji25yYYZFSjYJJPSp3U8ISyER3wtqWKRtwE2ezYCTm1So/0Y21LIZmpvycyGhkzjkLbGVEcmkVvKv7ntVPsXweZUEmKXLH5on4qCcZk+jnpCc0ZyrEllGlhbyVsSDVlaPMp2RC8xZeXSeO86l1W3fuLSu0kj6MIR3AMZ+DBFdTgDurgAwMBz/AKb45yXpx352PeWnDymUP4A+fzB/VPjgc=</latexit>

x1 = 0
<latexit sha1_base64="qjvEN4V85HsfJ3m13tujYwMlQ50=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LFbBU0lE0YtQ8OKxgmkLbSib7bRdutmE3Y1YQn+DFw+KePUHefPfuG1z0NYHA4/3ZpiZFyaCa+O6305hZXVtfaO4Wdra3tndK+8fNHScKoY+i0WsWiHVKLhE33AjsJUopFEosBmObqd+8xGV5rF8MOMEg4gOJO9zRo2V/Keud+N1yxW36s5AlomXkwrkqHfLX51ezNIIpWGCat323MQEGVWGM4GTUifVmFA2ogNsWypphDrIZsdOyKlVeqQfK1vSkJn6eyKjkdbjKLSdETVDvehNxf+8dmr610HGZZIalGy+qJ8KYmIy/Zz0uEJmxNgSyhS3txI2pIoyY/Mp2RC8xZeXSeO86l1W3fuLSu0kj6MIR3AMZ+DBFdTgDurgAwMOz/AKb450Xpx352PeWnDymUP4A+fzB/bTjgg=</latexit>
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(c) Unstable correlation varies as we interpolating        and      
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Figure 1. Illustration of our algorithm on the toy example. The label y agrees with the stable feature x1 with probability 0.8 on both
environments. For the unstable feature x2, the probability of x2 = y is 1.0 in E1 and 0.9 in E2. Stage 1: We train a classifier f1 on E1. It
learns to make predictions solely based on the unstable feature x2. Stage 2: We use f1 to partition E2 based on the prediction correctness.
While the correlation of x2 is positive for both E1 and E2, it flips to negative in set of wrong predictions E1×

2 . Stage 3: Interpolating
P 1X
2 and P 1×

2 allows us to uncover an oracle distribution P ∗ where the unstable feature x2 is not correlated with the label. Note that here
we only illustrate how to partition E2 using f1. In our algorithm, we also use the classifier f2 (trained on E2) to partition E1, and the
final model f is obtained by minimizing the worst-case risk over all interpolations of P 2X

1 , P 2×
1 , P 1X

2 P 1×
2 .

Remark 2: Our algorithm optimizes an upper bound of
the risk on the oracle distribution. In general, it doesn’t
guarantee that the unstable correlation is not utilized by the
model when the worst-case performance is not achieved at
the oracle distribution.

3.3. Theoretical analysis

In the previous example, we have seen that the unstable
correlation flips in the set of mistakes E1×

2 compared to
the set of correct predictions E1X

2 . Here, we would like to
investigate how this property holds in general.2 We focus
our analysis on binary classification tasks where y ∈ {0, 1}.
Let x1 be the stable feature and x2 be unstable feature that
has various correlations across environments. We use capital
letters X1, X2, Y to represent random variables and use
lowercase letters x1, x2, y to denote their specific values.
Proposition 1. For a pair of environments Ei and Ej , as-
suming that the classifier fi is able to learn the true condi-
tional Pi(Y | X1, X2), we can write the joint distribution
Pj of Ej as the mixture of P iX

j and P i×
j :

Pj(x1, x2, y) = αi
jP

iX
j (x1, x2, y)+(1−αi

j)P
i×
j (x1, x2, y),

where αi
j =

∑
x1,x2,y

Pj(x1, x2, y) · Pi(y | x1, x2) and

P iX
j (x1, x2, y) ∝ Pj(x1, x2, y) · Pi(y | x1, x2),
P i×
j (x1, x2, y) ∝ Pj(x1, x2, y) · Pi(1− y | x1, x2).

2All proofs are relegated to Appendix B.

Intuitively, when partitioning the environment Ej , we are
scaling its joint distribution based on the conditional on Ei.

Two degenerate cases: From Proposition 1, we see that
the algorithm degenerates when αi

j = 0 (predictions of fi
are all wrong) or αi

j = 1 (predictions of fi are all correct).
The first case occurs when the unstable correlation is flipped
between Pi and Pj . One may think about setting η1 = 0 and
η2 = 1 in the toy example. In this case, we can obtain the
oracle distribution by directly interpolating Pi and Pj . The
second case implies that the conditional is the same across
the environments: Pi(Y | X1, X2) = Pj(Y | X1, X2).
Since x2 is the unstable feature, this equality holds when
the conditional mutual information between X2 and Y is
zero given X1, i.e., Pi(Y | X1, X2) = Pi(Y | X1). In this
case, fi already ignores the unstable feature x2.

To carryout the following analysis, we assume that the
marginal distribution of Y is uniform in all joint distribu-
tions, i.e., fi performs equally well on different labels.

Theorem 1. Suppose X2 is independent of X1 given
Y . For any environment pair Ei and Ej , if

∑
y Pi(x2 |

y) =
∑

y Pj(x2 | y) for any x2, then Cov(X2, Y ;Pi) >

Cov(X2, Y ;Pj) implies Cov(X2, Y ;P i×
j ) < 0 and

Cov(X2, Y ;P j×
i ) > 0.

The result follows from the connection between the covari-
ance and the conditional. On one side, the covariance be-
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tween x2 and Y captures the difference of their conditionals:
P (X2 | Y = 1) − P (X2 | Y = 0), On the other side, the
conditional independence assumption allows us to factorize
the joint distribution: Pi(x1, x2, y) = Pi(x1, y)Pi(x2 | y).
Combining them together finishes the proof.

Theorem 1 tells us no matter whether the spurious corre-
lation is positive or negative, we can obtain an oracle dis-
tribution P ∗, Cov(X2, Y ;P ∗) = 0 by interpolating across
P iX
j , P i×

j , P jX
i , P j×

i . By optimizing the worst-case risk
across all interpolations, our final model f provides an up-
per bound of the risk on the oracle distribution P ∗.

We also note that the toy example in Section 3.2 is a special
case of the assumption in Theorem 1. While many previous
work also construct datasets with this assumption (Arjovsky
et al., 2019; Choe et al., 2020), it may be too restrictive
in practice. In the general case, although we cannot guar-
antee the sign of the correlation, we can still obtain an
upper bound for Cov(X2, Y ;P i×

j ) and a lower bound for
Cov(X2, Y ;P j×

i ):

Theorem 2. For any environment pair Ei and Ej ,
Cov(X2, Y ;Pi) > Cov(X2, Y ;Pj) implies

Cov(X2, Y ;P i×
j )

<
1− αi

j

αi
i

Cov(X2, Y ;P iX
i )−

1− αi
j

αi
j

Cov(X2, Y ;P iX
j )

Cov(X2, Y ;P j×
i )

>
1− αj

i

αj
j

Cov(X2, Y ;P jX
j )− 1− αj

i

αj
i

Cov(X2, Y ;P jX
i )

where P iX
i is the distribution of the correct predictions

when applying fi on Ei.

Intuitively, if the correlation is stronger in Ei, then the clas-
sifier fi will overuse this correlation and make mistakes on
Ej when this stronger correlation doesn’t hold. Conversely,
the classifier fj will underuse this correlation and make
mistakes on Ei when the correlation is stronger.

4. Experimental setup
4.1. Datasets and Settings

Synthetic environments: To assess the empirical behav-
ior of our algorithm, we start with controlled experiments
where we can simulate spurious correlation. We consider
two standard datasets: MNIST (LeCun et al., 1998) and
BeerReview (McAuley et al., 2012).3

For MNIST, we adopt Arjovsky et al. (2019)’s approach for
generating spurious correlation and extend it to a more chal-
lenging multi-class problem. For each image, we sample

3All dataset statistics are relegated to Appendix C.1.

y, which takes on the same value as its numeric digit with
0.75 probability and a uniformly random other digit with
the remaining probability. The spurious feature in sampled
in a similar way: it takes on the same value as y with η
probability and a uniformly random other value with the
remaining probability. We color the image according to
the value of the spurious feature. We set η to 0.9 and 0.8
respectively for the training environments E1 and E2. In
the testing environment, η is set to 0.1.

For BeerReview, we consider three aspect-level sentiment
classification tasks: look, aroma and palate (Lei et al., 2016;
Bao et al., 2018). For each review, we append an artificial
token (art pos or art neg) that is spuriously correlated
with the binary sentiment label (pos or neg). The artificial
token agrees with the sentiment label with probability 0.9
in environment E1 and with probability 0.8 in environment
E2. In the testing environment, the probability reduces to
0.1. Unlike MNIST, here we do not inject artificial label
noise to the datasets.

Validation set plays a crucial role when the training distri-
bution is different from the testing distribution (Gulrajani
& Lopez-Paz, 2020). For both datasets, we consider two
different validation settings and report their performance
separately: 1) sampling the validation set from the training
environment; 2) sampling the validation set from the testing
environment.

Natural environments: We also consider a practical set-
ting where environments are naturally defined by some at-
tributes of the input and we want to use them to reduce
biases that are unknown during training and validation. We
study two datasets: CelebA (Liu et al., 2015b) where the
attributes are annotated by human and ASK2ME (Bao et al.,
2019) where the attributes are automatically generated by
rules.

CelebA is an image classification dataset where each in-
put image (face) is paired with 40 binary attributes. We
adopt Sagawa et al. (2019)’s setting and treat hair color
(y ∈ {blond,dark}) as the target task. We use the
gender attribute to define the two training environments,
E1={female} and E2={male}. Our goal is to learn a
classifier that is robust to other unknown attributes such as
wearing hat. For model selection, we partition the vali-
dation data into four groups based on the gender value and
the label value: {female, blond}, {female, dark},
{male, blond}, {male, dark}. We use the worst-group
accuracy as our validation criteria.

ASK2ME is a text classification dataset where an in-
put text (paper abstract from PubMed) is paired with
17 binary attributes, each indicating the presence of a
different disease. The task is to predict whether the
input is informative about the risk of cancer for gene
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ERM DRO IRM RGM PI (OURS) ORACLE

Pval = Ptest? X × X × X × X × X × X ×
MNIST 26.15 14.25 32.51 21.06 45.41 13.13 42.49 15.33 69.44 69.68 71.40 71.60

Beer Look 64.63 60.96 64.53 62.75 65.83 63.31 66.31 61.51 78.09 70.66 80.32 73.51

Beer Aroma 55.25 51.99 57.08 53.39 60.25 53.25 66.33 57.91 77.01 67.35 77.34 69.99

Beer Palate 49.01 46.69 47.72 46.35 66.45 44.09 68.77 44.81 74.14 61.51 74.89 66.33

Table 1. Accuracy of different methods on image classification (majority baseline 10%) and aspect-level sentiment classification (majority
baseline 50%). All methods are tuned based on a held-out validation set. We consider two validation settings: 1) sample the validation set
from the testing environment (Pval = Ptest); 2) sample the validation set from the training environment.

mutation carriers, rather than cancer itself (Deng et al.,
2019). We define two training environments based on the
breast cancer attribute, E1={breast cancer=0}
and E2={breast cancer=1}. We would like to see
whether the classifier is able to remove spurious correlations
from other diseases that are unknown during training. Simi-
lar to CelebA, we compute the worst-group accuracy based
on the breast cancer value and the label value and use
it for validation.

At test time, we evaluate the classifier’s prediction robust-
ness on all attributes over a held-out test set. For each at-
tribute, we report the worst-group accuracy and the average-
group accuracy.

4.2. Baselines

We compare our algorithm against the following baselines:

ERM: We combine all environments together and apply
standard empirical risk minimization.

IRM: Invariant risk minimization (Arjovsky et al., 2019)
learns a representation such that the linear classifier on top
of this representation is simultaneously optimal across dif-
ferent environments.

RGM: Regret minimization (Jin et al., 2020) simulates un-
seen environments by using part of the training set as held-
out environments. It quantifies the generalization ability in
terms of regret, the difference between the losses of two
auxiliary predictors trained with and without examples in
the current environment.

DRO: We can also apply DRO on groups defined by the
environments and the labels. For example, in beer review,
we can partition the training data into the four groups: {pos,
E1}, {neg, E1} {pos, E2}, {neg, E2}. Minimizing the
worst-case performance over these human-defined groups
has shown success in improving model robustness (Sagawa
et al., 2019).

Oracle: In the synthetic environments, we can use the spu-
rious features to define groups and train an oracle DRO

E1 E2 E1X
2 E1×

2

MNIST 0.8955 0.7769 0.9961 −0.1040
Beer Look 0.8007 0.6006 0.8254 −0.8030
Beer Aroma 0.8007 0.6006 0.9165 −0.9303
Beer Palate 0.8007 0.6006 0.9394 −0.9189

Table 2. Pearson correlation coefficient between the spurious fea-
ture and the label across four datasets. While the correlation is
positive for both training environments, it flips to negative in the
set of wrong predictions E1×

2 . Interpolating across E1X
2 and E1×

2

allows us to remove the unstable correlation.

model. For example, in beer review, the oracle model will
minimize the worst-case risk over the four groups: {pos,
art pos}, {pos, art neg} {pos, art pos}, {pos,
art neg}. This helps us analyze the contribution of our
algorithm in isolation of the inherent limitations of the task.

For fair comparison, all methods share the same model
architecture.4 Implementation details can be found in Ap-
pendix C.2.

5. Results
5.1. Synthetic environments

Table 1 summarizes the results on synthetic environments.
As we expected, since the signs of the unstable correlation
are the same across the training environments, both ERM
and DRO exploit this information and fail to generalize
when it changes in the testing environment. While IRM and
RGM are able to learn stable correlations when we use the
testing environment for model selection, their performance
quickly drop to that of ERM when the validation data is
drawn from the training environment, which also backs up
the claim from Gulrajani & Lopez-Paz (2020).

Our algorithm obtains substantial gains across four tasks

4For IRM and RGM, in order to tune the weights and annealing
strategy for the regularizer, the hyper-parameter search space is
21× larger than other methods.
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ERM DRO IRM RGM PI (OURS)

Worst Avg Worst Avg Worst Avg Worst Avg Worst Avg

Kidney cancer 16.67 66.66 50.00 68.70 33.33 73.07 33.33 71.31 50.00 74.76

Adenocarcinoma 33.33 72.91 77.29 79.23 55.56 78.40 55.56 78.12 80.24 84.74

Lung cancer 44.44 74.76 62.50 74.58 38.89 74.28 50.00 74.75 70.31 78.85

Polyp syndrom 44.44 74.63 77.29 78.79 55.56 76.31 66.67 78.73 69.23 81.28

Hepatobiliary cancer 44.44 73.01 60.00 73.89 55.56 77.19 55.56 76.22 60.00 78.94

Breast cancer 66.49 80.47 75.00 78.84 66.87 80.56 64.38 79.81 80.32 83.12

Average∗ 54.80 77.73 67.34 77.58 57.86 79.18 60.81 79.03 74.15 83.15

Table 3. Worst-group and average-group accuracy on ASK2ME text classification. We show the results for the worst 5 attributes (sorted
based on ERM) and the given attribute breast cancer. Average is computed based on the performance across all attributes. See
Appendix D for full results.
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Figure 2. The ability of generalization changes as we vary the gap
between the training environments. The x and y axes denote the
probabilities that the injected artificial token agrees with the label.
Heatmap corresponds to the testing accuracy for Beer Aroma.

It performs much more stable under different validation
settings. Specifically, comparing against the best baseline,
our algorithm improves the accuracy by 20.06% when the
validation set is drawn from the training environment and
12.97% when it is drawn from the testing environment. Its
performance closely matches the oracle model with only 2%
difference on average.

Why does partitioning the training environments help? To
demystify the huge performance gain, we quantitatively
analyze the partitions created by our algorithm in Table 2.5

We see that while the unstable correlation is positive in both
training environments, it flips to negative in the set of wrong
predictions, confirming our theoretical analysis. In order to
perform well across all partitions, our final classifier learns
not to rely on the unstable features.

5The partitions only depend on the training environments. It is
independent to the choice of the validation data.
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Figure 3. Visualization of the Pearson correlation coefficient be-
tween the label and the attribute on ASK2ME. Each column corre-
sponds to a different attribute. We observe that correlations vary
for inputs with different breast cancer value. Our algorithm
utilizes this difference to create partitions with opposite correla-
tions (red vs. blue) so that we can uncover an oracle distribution
(different for each attribute) by interpolating these partitions.

Do we need different training environments? We study
the relation between the diversity of the training environ-
ments and the performance of the classifier on the beer
review dataset. Specifically, we consider 45 different train-
ing environment pairs where we vary the probability that
the artificial token agrees with the label from 0.80 to 0.89.
We observe that the classifier performs better as we reduce
the amount of spurious correlations (moving up along the
diagonal in Figure 2). The classifier also generalizes better
when we increase the gap between the two training environ-
ments (moving from right to left in Figure 2). In fact, when
the training environments share the same distribution, the
notion of stable correlation and unstable correlation is un-
defined. There is no signal for the algorithm to distinguish
between spurious features and features that generalize.
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Figure 4. Visualization of the Pearson correlation coefficient between the label (hair color) and other attributes on CelebA. Each column
corresponds to a different attribute. Due to the huge difference between the label marginals, P1(blond) = 0.24 vs. P2(blond) = 0.02,
classifier f2 predicts every example in environment E1 as dark. The resulting partition, E2×

1 = {female, blond} and E2X
1 =

{female, dark}, coincides with the human-defined groups in DRO. On the other hand, classifier f1 is able to partition environment
E2 with opposite correlations (red vs. blue).

ERM DRO IRM RGM PI (OURS)

Worst Avg Worst Avg Worst Avg Worst Avg Worst Avg

Goatee 0.00 68.26 0.00 70.08 84.80 90.83 91.50 95.66 91.63 94.59

Wearing Hat 7.69 70.39 46.15 82.28 46.15 77.34 61.54 86.26 53.85 84.56

Chubby 9.52 70.69 61.90 84.63 76.19 82.91 47.62 82.32 71.43 86.59

Wearing Necktie 25.00 74.52 90.00 91.56 80.00 84.31 35.00 79.32 91.44 92.53

Sideburns 38.46 77.84 84.62 90.69 76.92 84.14 76.92 89.72 91.35 93.75

Gender 46.67 80.14 85.56 90.87 74.44 83.93 70.00 87.73 90.56 91.52

Average∗ 60.06 83.63 84.25 90.83 78.51 85.79 82.52 90.95 87.04 91.41

Table 4. Worst-group and average-group accuracy for hair color prediction on CelebA. We show the results for the worst 5 attributes
(sorted based on ERM) and the given attribute gender. Average is computed based on the performance across all attributes. See
Appendix D for full results.

5.2. Natural environments

Table 3 and 4 summarize the results on using natural envi-
ronments to reduce biases from attributes that are unknown
during both training and validation. We observe that di-
rectly applying DRO over human-defined groups already
surpasses IRM and RGM on the worst-case accuracy aver-
aged across all attributes. In addition, for the given attribute
(breast cancer and gender), DRO achieves nearly
10% more improvements over other baselines. However,
this robustness doesn’t generalize equally towards other
attributes. By using the environment-specific classifier to
create groups with contrasting unstable correlations, our
algorithm delivers marked performance improvement over
DRO, 6.81% on ASK2ME and 2.79% on CelebA.

How do we reduce bias from unknown attributes? Fig-
ure 3 and 4 visualize the correlation between each attribute
and the label on ASK2ME and CelebA. We observe that
although the signs of the correlation can be the same across
the training environments, their magnitude may vary. Our al-

gorithm makes use of this difference to create partitions that
have opposite correlations for 13 (out of 15) attributes on
ASK2ME and 22 (out of 38) attributes on CelebA. These op-
posite correlations help the classifier to avoid using unstable
features during training.

6. Conclusion
In this paper, we propose a simple algorithm to learn cor-
relations that are stable across environments. Specifically,
we propose to use a classifier that is trained on one envi-
ronment to partition another environment. By interpolating
the distributions of its correct predictions and wrong pre-
dictions, we can uncover an oracle distribution where the
unstable correlation vanishes. Experimental results on syn-
thetic environments and natural environments validate that
our algorithm is able to generate paritions with opposite un-
stable correlations and reduce bias that are unknown during
training.
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