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The Standardizations Function Used for HMEnPF

We consider a standardization function S(γ = (γ1, . . . , γp)
′,α = (α1, . . . , αp)

′,β = (β1, . . . , βp)
′) that transforms a

p-dimensional normal random vector γ into a p-dimensional normalized random vector x = (x1, . . . , xp)
′ where α

= (E[(x1 − E[x1])
3], . . . , E[(xp − E[xp])

3])′ and β = (E[(x1 − E[x1])
4], . . . , E[(xp − E[xp])

4])′, respectively. From a
previous study [1], we have S(γ,α,β) and Sinv(x,α,β) that transforms x to γ. These functions are described by

S(γ,α,β) = (s(γ1, α1, β1), . . . , s(γp, αp, βp))
′, (S3-1)

s(γ, α, β) = −l1 + k1γ + l1γ
2 + k2γ

3, (S3-2)
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6(1 + 6l2)
, (S3-3)
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36
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√

6β − 8α2 − 14− 2), (S3-4)

k1 =
1− 3l2

1 + l21 − l22
, (S3-5)

k2 =
l2

(1 + l22 + 12l22)
, (S3-6)

and

Sinv(x,α,β) = (sinv(x1, α1, β1), . . . , sinv(xp, αp, βp))
′, (S3-7)

sinv(x, α, β) =
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2p
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√
−q + δ

+
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√
2

− l1
3k2

, (S3-8)

δ =
√
q2 + 4p3, (S3-9)

p =
3k1k2 − l21

9k22
, (S3-10)

q =
2l31 − 9k1k2l1 + 27k22(−l1 − x)

27k32
. (S3-11)
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